APXH 1HY YEAIAAY - T" HMEPHXIQN

NMANEAAAAIKEZ EZETAZEIZ
I TAZHZ HMEPHZIOY FENIKOY AYKEIOY
KAI ENMAA (OMAAA BY)
MAPAZKEYH 30 MAIOY 2014 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MAIAEIAZ
2YNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1.

A2.

A3.

A4.

Av n ouvaptnon f civar mapaywyioiun oto R kai C otaBepdg mpaypatikdg
ap1BPoG, va atrodeiteTe Ye TN XPON TOU OPICPOU TNG TTapAywYyou OTI
’
(c f(x)) =c f'(x), yiakdbexeR
Movdadeg 7

MNote pia ouvdptnon f Aéyetal yvnoiwg @Bivouoa oe éva didotnua A Tou Tediou
oplouou TNG;
Movdadeg 4

MoTe pia ToooTIkA METABANTA AéyeTal IAKPITH KAl TTOTE OUVEXNG;
Movdadeg 4

Na xapaktnpioere TIC TTPOTACEIS TTOU aKoAouBouv, ypdpovrag oTo TETPAadIo oag,
OiTAa oT1o ypauua mou avrtioToixei o€ KABe mporaon, 1n Aéén Zworo, av n
mporaon civar cwaortn, 1 Aa@og, av n mporaon givar Aavlaouévn.

a) Av via Tt ouvaptnon f 1oxoel f'(X0)=O, YIGXOG(G,B), Kal N

mapaywyog g f’ Siatnpei mpdonuo ekatépwbev Tou X,, T01E N f givan

yvnoiwg povétovn oT0 (G,B) Kal dev TTapouciddel akpoTaTo oTo diIdoTnUa

auTo.
(Movadeg 2)

B) Ta dUo omroiadnTroTe evdexdueva A, B evéc deiypatikol xwpou Q 10XUEL:
P(A—B) = P(B)—P(AﬂB)
(povadeg 2)
Y) 2€ pia KAVvOVIKA 1} TTEPITTOU KAvOVIKI Katavoury 10 95% Ttrepittou Twv

TTapATNPACEWVY BpiokovTal oTo dIACTNUA (Y—S, Y+S), o6mou X n péon

TIUM KAl S n TUTTIKA AQTTOKAION TWV TTAPATNPHOEWV.
(Movadeg 2)
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) Av X, cival Tigfq piag TOCOTIKAG METABANTAG X, 16Te n aBpoIoTIKN
ouxvotnTa Ni ekppacel 1o TARBOC TWV TTAPATNPACEWV TIOU Eival
MEYOAUTEPEG TNG TIUNG X,

(Movadeg 2)

€) To KukAikdé Odiaypaupa civar €vag KUKAIKOG OiOKOG XWwPIoOPEVOS Of
KUKAIKOUG TOopEig, Ta €uBadd n, 1ocoduvapa, 1a TOLA TWV OTToiwv Eival

avaAoya TTPOG TIG AVTIOTOIXEG OUXVOTNTEG V, 1 TIG OXETIKEG OUXVOTNTEG fi
TWV TIHWV X; TNG WETABANTAG.
(Movadeg 2)

Movdadeg 10

OEMA B

270 TTOPAKATW OXAMO QaiveTal TO ICTOYPOAPUA OUXVOTATWY, TO OTTOIO TTAPIOTAVEI TIG
TTWAAOEIGC 0€ XIAIAOEG €upw TIOU £ylvav aTTO TOUG TTWANTEG MIOG ETAIPEIAG KATA TN
dlapkela evog €ToUG.

B1.

B2.
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TTWANCEIG € XINASEG EUpW

Na Bpeite To TTANBOG TWV TTWANTWYV TNG ETAIPEIAG.
Movdadeg 5

Na peTa@épeTe OTO TETPAdIO OCAG TOV TOPAKATW TIVAKA OUXVOTATWY TNG
KATAVOUNG TWV TTWARCEWV KATAAANAQ CUPTTANPpwUEVO, dIKaloAoywvTag T OTAAN

e TiIg oxeTikég ouxvornteg f, =12, 3, 4
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OEMA T

APXH 3HY YEAIAAY - T" HMEPHXIQN

. KSVTp,IKeg 2uxvoTnTa ZXET'KH
KAdoeig TIMEG v ouxvotnta
X. i f.

Movdadeg 8

Na utroAoyioeTe Tn péon TIWA TWV TTWAACEWYV TOU £TOUG.
(Movadeg 6)

Na Bpeite TO TTANBOG TWV TTWANTWYV TTOU €Kavav TTWANCEIG TOUAGxioTov 4,5
XINAdwv  eupw (Bewpolue OTI o1 TTapatnpnoelg KaBe KAAdong eival
OMOIOUOPYPA KATAVEUNMEVEG).

(Movadeg 6)

Movddeg 12

‘Eva doxeio mepiéxel kOkkiveg (K), domrpeg (A) kail mpaaoiveg (M) pmdaAeg. EmAEyoupue
Tuxaia pia pmraAa. H mBavétnTa va TpokUuwel KOKKIVN PTTAAa gival P(K)=X1, EVW N

mBavoTnTa va TpokUyel dompn pmdAa givar P(A) = X,, 6mou X, X, €ival ol Béoeig
TWV TOTTIKWYV OKPOTATWYV TNG ouvaptnong

r1.

ra.

f(x)=4x3—%x2+x—1, xeR pe X, <X,

Na Bpeite 1i¢ mBavornteg P(K), P(A) kai P(IM), émou P() n meavérnta va
TTPpoKUWelI TTPACIvn PTTAAQL.

Movdadeg 10

Av P(K)=% Kal P(A)=%, va Bpeite TIC mMOAVOTATEC TWV TTAPAKATW

EVOEXOMEVWV:
I «n UTTAAQ TTOU ETTIAEYETAI TUXAiO va gival KOKKIvVN | doTTpn»
A: «n MTTAGAQ TTOU €TTIAEYETAI TUXAia va gival oUTE KOKKIVN OUTE
aocTrpn»
E: «n MTTAGAQ TTOU €TTIAEYETAI TUXAia va gival &oTTpn f va pnv

gival Tpaoivn».
Movdadeg 9
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3. Av ol aoTrpeg UTTAAEG gival KATa TEOOEPIG (4) AMIyOTEPEG ATTO TIG TTPACIVEG PTTAAEG,
va Bpeite moéoeg PTTAAEG €XEl TO doxEio.

Movdadeg 6

OEMA A

Oecwpoupe €va KouTi oxAMaTOG opBoywviou TTapaAAnAemiTédou e Baon opBoywvio Kal
OVOIKTO aTTo TTAvVW.

To Uyog Tou KouTioU eival 5 dm.

H pBdon Tou kouTioU €£xel oTaBEpPN
mepiyetpo 20 dm kai pia TAgeupd TNG
givar x dm pe 0<x<10

5dm

xdm

A1. Na amodeigete 611 N oUVOAIKN €TTIQAVEIA TOU KOUTIOU WG ouvdapTnon Tou Xeival
E(x)=-x*+10x+100, xe(0, 10)

Kal va BPEiTe yia TTo1a TIPF TOU X TO KOUTI €XEI JEYIOTN ETTIQAVEIQ.

Movdadeg 8

TN ouvéxela, BewpoUlpe Ta onueia Ai(xi, yi), otou Y, = E(Xi), i=1 2,..,15
HE D =X, <X, <...< Xy, <X;5=9

A2. Av 10 Odtiypa Twv TeTUnpévwy X, i=1 2,...,15 Twv mopamdvw onpeiwv

A (Xi’yi)

e d¢gv gival OYoIoyEVES
e ¢xel péon Ty X = 8 kai
e TUTTIKI ATTOKAION S TETOIA, WOTE

2s?-55+2=0

TOTE:
a) va atrodeifeTe 611 S =2
(Movadeg 4)
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B) va Bpeite TN yéon TIPA Twv xi2 ,pei=1 2,...,15

\% 2\
AiveTal oTI: 82=1<zti2 o=t J

\ \"

-

i=1

(Movadeg 4)

Movdadeg 8

EmAéyoupe Tuxaia éva amd Ta TAPATTAVW Onueia Ai(xi, yi), i=1 2,...,15
Na Bpeite TNV mMOaAvOTNTA TOU EVOEXOPEVOU:

B={A/(x,y,) i=1 2..,15 €100, GOTE Y, >— 4x, +9R+1},

6mou R eival To eUpog Twv Y, = E(Xi), i=1 2,..,15
Movdadeg 9

OAHTIEZ (via Touc g€sTalopévouc)

2710 €EWQPUAAO TOU TETPADIOU VA YPAWETE TO £EETACOUEVO HAOBNUA. ZTO ECWPUAAO
MAVW-TTAVW VA CUUTTANPWOETE Ta ATOMIKA OTOIXEia padnth. LTV apxn Twv
ATTOAVTACEWV OOG VA YPAWETE TTAVW-TTAVW TNV NUEPOUNVIA Kal 10 £EETAlOPEVO
MéOnua. Na pnv avriypdywete Ta OEpata OTo TETPADIO KAl va MN YPAWETE
TTouBevA OTIG ATTAVTACEIG 0aG TO OVOud 0aG.

Na ypAWeTE TO OVOMATETTWVUMO O0OGC OTO TTAVW MEPOG TWV QWTOAVTIYPAPWY
AMEoWG POAIG oag TTapadobouv. Tuxdv onHEIWOEIG 0AG TTAVW OTA Bépata dev
0a BadBuoAoynbolv oe kKapia TrepimTwon. Katd tnv amoxwpnon oag va
TapadwaoeTe Yadi ye To TETPADIO KAl TA YWTOAVTIYPAPA.

Na atmmaviioeTe oTo TETPAdI6 oag oc OAa Ta BEparta pOvo pe UTTAE 1 HOvo e
MaUPO OTUAG pe peAdvi TTou Oev ofrivel. MoAuUBI emiTpétreTal, gévo av 10 ¢nTdel n
EKQWVNON, KAl HOVO yIa TTIVAKEG, O1aypAuUaTA KATT.

KaBe atrdvinon €mOTAPOVIKA TEKUNPIWUEVN €ival ATTOOEKTH).

Aldpkela g€taong: TPeIG (3) WPEG PETA TN SIAVOUN TWV GWTOAVTIYPAPWV.

Xpoévog duvatng ammoxwpnong: 10.30 ..

2ZAZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ
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