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AHEIZ
OEMA A i ;
Al.  Xyohkd Pipiio cerida 186
A2,  Xyohikd Piprio cerida 141

A3,  Zyohxd Piprio oer

Ad.
(a) Xooto
(P) Xooto
(v) Adbog
(0) Xwo1o

(e) oo

OEMA B

Bl. H f mopayoyioyn oto A, =R pe f'(x)=¢" >0 yu kGs mpoypatikd apdpo
ordte M f etvar yv
H f ovveyng ko

vEovoa apa 1-1 emopévmg avtiotpépetal.
ovco 6t0 A; =R apa:
lim f(x), lim f(x)) =(-1,+x)

X—>—0 X—>+00

Aot
im f(x)= lim (e" —1) =0-1=-1
Kot

lim f(x) = lim (e —1) =+

X—>+0 X—>+o0

Apa
f(A;)=(-1+x)

To nedio opiopov g £ eivar To cHvolo Tiumv g f emopévag
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B" ®AXH

E_3.M2300(x)

B2.

B3.

F(A)=A,, =(~1,+0)
Ia tov Tomo g £ éyovpe
f(x)=yeoe -l=yoe =y+lox=(y+])
Apa
f_l(x)zln(x+l),x>—1

H f napayoyioun oto R pe f'(x)=e¢* kot f’(x)=¢">0 3@ xeR

eropévag n f kopt oto R

H ' nopayoyiowun oto

eyl KGBe X € A, NA L, =(—1,+0) 1oyver: f(x)> £ (x)
(ii) H e&iomon ywo kdbe x >0 ypapera:

f(x)+f_1(f(x))=f_1(x)+m,tx@f(x)+x=f_1(x)+n;,tx (1)
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B" ®AXH

O

E AN AN A A O I
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Agi&ape oto B3(i) ot £(x) =" (x) yur kdbe x > -1 Kot 10 {cov woydel povo
vy x =0 omote Y kB x >0 woyveL:

f(x)>17(x) (2)
Emiong: [npx|<|x| y1 kabe x # 0 dpa yio x>0 yiverou

x| <x & —x <nux <x

Apa x >nux (3)
IIpocbétovtag katd pen tig (2).(
f(x)+x>f_1(x)+

B4.

'(B)%(ak%%(ﬁ)
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E_3.M’300(x)

OEMA I

I'l.

I2.

Epdécov n f oe ecotepikd onueio tov mediov opiopod ™S TapOLOLALEL
akpotaTo Ko elvor mopoywyioiun o€ ovtd TOTE GUUEOVO LE

Fermat Oa oyvet:

['oa k=1

2 1

f’(2)=0<:>k———5:0<:>k=1

22

x+1>0

x>0

X+1>0

x>0

x+1>0

=0 x-2=0=x=2

>0 x-2>0=x>2

<0 x-2<0=x<2

nko:

2

+o00
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E_3.M’300(x)

Y10 diaompa (0,2] n f eivar yvnoing edivovoa evd 610 ddotnp

elvar yvneimg avovoa.
' x = 2 mapovotdlet ehdyioto pe tun £(2)=1-1In2
H f ovveyng ko yvnoiog ebivovca oto A, = (0,2]
apa
£(A) =] £(2). lim £(x))=[1-In2, )

x—0"

oot

e lim f(x)= lim| x+=—

x—0" x—0F

, ) .2
£QOGOV )}1_)n01 (x—2)=-2, }Lnoq <

H f cuveymg ko yvnoing o

oot

T v e&iooon f(x)=o & oupe!

o [Z,Jfoo) nft

e Ava<l-In21t ekicoon f(x)=o givor advvotn epdcov o ¢ f(A)
e Av a>1-In2 1drte:

dote £x,)=0 a0 x, povadiko dwt n fyvwoing avéovoa 610 A,

- @Olvovot’'oto A, kot o e f(A,) omote vapyel X, €(2,+0) TETOL0
1 2 2

e Av a=I-In216te n e&icwon f(x)=1-In2 &el povadkn pia v x =2

Tl 670 X, =2 M f Mapovcidlel erdyioTo.
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B" ®AXH

I'3.

I'4.

(i) f”(x)=i3+iz>0 Yoo kGOe x €(0,40) emopévag n f Kkvpth oto\ MESi0
X X

0PSOV TNG.
H g&icowon g epantopévng g YpPOPIkig TapacTacns
670 onueio g M(l,f(l)) glvat:

y—-f(1)=f'(1)(x-1)oy-1=

ovéptnong

(ii) H doopévn avicoon ya x >0 yi

2 x>0 2
e TN S X c>ln 3 5’”2 @ x> —5x+2>X 3x — 5+ >Inx

f(x)>-2x+3

TTOUEVI] TG YPOPIKNG NG
etol << KATO>> amd TNV YPOQIKN
onueio emaeng, OmMAadn 1oydEt
oL M\AcoTTe. oyvel povo Yoo x = 1

yo kGOe x €(0,1) (1, +0)

O 1tdmog g cuvdptnong g

g(x)=f(x)+Inx+2 = g(x +——lnx 2+lnx+2<:>g(x)=x+z,x>0
X

‘Eoto y=2x+p occmum(m:n mg C; 610 +010TE:

x+2
g—X—h —hm(1+%j:1

X—>+o X X—>+0 X

hm kx = lim (X+——X)— lim g=0
+oo X—>+0 X400 ¥
Omnoten etvarl n mAdywo acvopmtomt g f 6T0 400

To Cnrouusvo euPadov eivar:

E(Q)= Hg x‘dx J

1

x>0 & 2 R
dx :J'—dx:[Zlnx]l =2Ine-2Inl1=2tp
X X

1
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B" ®AXH

OEMA A

Al.

A2.

[apaywyiCovtog  oyéon: f(fz(x))+f2 x)=f(x)+x &povpe:
£'(£2(x)) 20 () (x) + 20 (x) 1" (x) = "(x) +1

& /(£ (x))-2f (x) £ (x) +2f (x) £'(x) - 1" (x) =1

S /(x)(f/(£2(x))-2f (x) +2f (x)-1) =1 (1)

Amd m oyéon (1) mpokdmtet ot f'(x) Y Kae x >0 on ™ ' etvan

© -

ovveyng Ba datnpel Tpdonuo ot
[a x =1 noyéon (1) yiverau:

e ()(F( (1)) 26 (1) + 26 (1) -1) )(2f’(1)+
1

H tehevtaia eElowon £xel AMoelg to—HKat 10 —,

yivetat:

f(t)dt].xixzo

@f(t)dt]-xz,xw

2
YOV AmAOTNTOG If (t)}dt =k yiverau:
1

Kot OETOVTOG

k-x’,x>0

k-x%x<0

o g(-1)=k-(-1)" =k
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E_3.M’300(x)

e g()=kI’=k
Onorte: g(-1)=g(1)

H g nopayoyiown oto (-=,0) pe g'(x)=2kx kot mopoyoyiown oto

pe g'(x)=3kx’.
['a to x, =0 &qovpe:

,+0)

¢ B givonr kon

¢ Tov OeswpnuaTog

Rolle 610 didotnpa [ 1.1] elvat ouveyfig 010 \[-1,1] mopaymyiown oto

(-L1) xon g(-1)=g(1)

A3. Hovvdptmon h(x)

oot

A-tpomog

o to o)o

Exovpe u=2

3 3
Enmopévac apkei va@ ot Ih(x)dx > Ih(x—l)dx
2 2
h" 3

3
[a kdbe x>0 L X <x:>h(x—1)<h(x):>_[h(x—1)dx<_[h(x)dx
2 2

B-tpomog
Av F mdpdyovod g h(x)= f(x2 +1) 10te M (2) yivetot

ih(x)dx > jh(x)dx & F(3)-F(2)>F(2)-F(1)

Eappolovtag to ©.M.T ota [1,2], [2.3]
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B" ®AXH

E_3.M’300(x)

vrapyovv x, €(1.2), x, €(2,3) dote
g I \
F(x) =" T0)

"=h!
X, <X, F:> F'(x,)<F(x,

H e&iomon

@(h(t)jh(u)duJ dt

YDV GLVAPTIGEMV

o’ +p*=(Bp-0a)-(B+a)<0

3
h(t)dt < Ih (t)dt xar Adye povotoviag
2

2
At and 10 A3 woydel P < j
1

ioym oto A, =(0,+0) pe ¢'(x)=a’+p’f'(x)>0 ya kGbe x>0

EMOUEVG M @ YVNOIMG aDEOVOA 6T0 A = (0,+0) omdte 1 pilo eivor povadik.
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